ABSTRACT. We obtain a uniqueness theorem for Walsh series valid for subsequences of 2nth partial sums which satisfy a pointwise growth condition.
The nested interval technique, introduced by Arutunjan and Talaljan [2] , and developed by others (e.g., Skvorcov [6] ), applies to subsequences of 2™th partial sums, but obtained results only for Walsh series satisfying uniform growth conditions. This situation prevailed because the technique primarily involved Haar series, with the Walsh series results obtained as corollaries (e.g., see [7] ).
Here, we modify this technique so that it handles pointwise growth conditions and applies directly to Walsh series. The resulting uniqueness theorem is powerful and general, surpassing many earlier results of all three types.
Statement of results.
Let wq, w\, ... denote the Walsh functions and let G denote the dyadic group (see [4] for all x G G. We shall call a Walsh series singular if there is an x G G such that
for some nonzero constant d, and all n sufficiently large. Thus every Walsh series which satisfies the C-S condition is nonsingular.
In the next section we shall prove the following result. THEOREM 1. Let f be integrable on G, ni,n2)... be a subsequence of nonnegative integers, and S be a Walsh series which satisfies (3) limsup |52n(x)| < oo Since each Walsh function takes on only the values ±1, Schwartz' inequality implies that any Walsh series whose coefficients tend to zero necessarily satisfies the C-S condition. Therefore, Theorem 1 also contains the following result: It should be noted that following Skvorcov [6] , the techniques of the next section can be modified to handle the case when / is Denjoy integrable in the narrow sense. In particular, Theorem 1 and its five corollaries remain valid if "Denjoy integrable in the narrow sense" replaces "integrable." (6) T2m, ^ 0 on I(pi,mi).
To prove this claim, suppose to the contrary that T2m0+ie = 0 on Jfc for A; = 1,2,_For k = 1 we have by (5) that (7) T2<no -T2m0 + i = d on Ji.
Since for each 2m° < / < 2m° + 1 the Walsh function wi changes signs from J\ to I\, it follows from (7) and (5) that T^mo + i = 2d on I\. By induction, Continuing in this manner, we generate a nested sequence of cosets I(pk,mk) such that (9) xk£l(pk,mk) and |52mfc| > k + \S2mk[f}\ > fc on I(pk,mk), for k = 1,2,.... Consequently, if xq G I(pk,mk) for all fc > 1, then
